RF-dressed Rydberg atoms in hollow-core fibres
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The giant electro-optical response of Rydberg atoms manifests itself in the emergence of sidebands
in the Rydberg excitation spectrum if the atom is exposed to a radio-frequency (RF) electric field.
Here we report on the study of RF-dressed Rydberg atoms inside hollow-core photonic crystal fibres
(HC-PCF), a system that enables the use of low modulation voltages and offers the prospect of
miniaturised vapour-based electro-optical devices. Narrow spectroscopic features caused by the RF
field are observed for modulation frequencies up to 500 MHz.

INTRODUCTION

The large polarisability of Rydberg states [1] enhances
the electro-optical response of a thermal Rydberg gas.
The combination of thermal vapours and the spectro-
scopically narrow features of electromagnetically induced
transparency involving Rydberg states [2] allows electro-
optical effects to occur at very small electric field ampli-
tudes. The interplay between Rydberg atoms and radio-
frequency (RF) or microwave electric fields is especially
interesting, since its nature strongly depends on many
different parameters such as the modulation frequency,
the Kepler frequency, the excitation Rabi frequencies and
potentially the mutual interaction strength between the
Rydberg atoms themselves. All these parameters can be
made comparable in their magnitude in the experiment
and tuned over a wide range, permitting exploration
of different manifestations of the field-atom interaction.
Ac-dressed Rydberg atoms have been employed to study
microwave excitation and ionization [3, 4], to demon-
strate phase modulation of light [5], to measure atomic
polarisabilities [6, 7] and to observe Stiickelberg oscil-
lations in cold atomic ensembles [8]. Regarding poten-
tial future applications, it is especially interesting that
RF-dressed Rydberg atoms have been shown to exhibit
enhanced dc electric field sensitivity [9] and that Ry-
dberg atoms also allow accurate sensing of microwave
electric fields [10-12], strong RF fields [13, 14] and RF
noise [15, 16].

Adopting the approach presented in [9], we study RF-
dressed Rydberg states and reduce the size of the initial
macroscopic vapour cell experiment to the length-scales
of a hollow-core photonic crystal fibre (HC-PCF) [17, 18].
In this way we can not only minimize the modulation
voltage and the power consumption but also increase the
bandwidth. The performance of the system is analysed
by the position and magnitude of sidebands in the Ryd-
berg excitation spectrum that appear when the RF field
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is applied. Throughout this article we discuss a regime
in which the applied modulation frequencies and powers
justify a perturbative Floquet analysis of the spectro-
scopic features [6, 8, 9].

THEORETICAL DESCRIPTION

The extreme sensitivity of highly excited atoms to ex-
ternal fields allows modification of the absorptive and
dispersive behaviour of a thermal gas by weak applied
electric fields. In the following we consider the effect of
a RF field (with dc offset)

E(t) = Eqc + Eac coswt , (1)

on a long-lived Rydberg state (I'yya << w). We re-
strict the analysis to a regime where the modulation
frequency w is larger than the Rabi frequencies of the
excitation lasers but also much smaller than the transi-
tion frequencies to neighbouring Rydberg states. This
implies that the atom-light interaction cannot follow the
energy modulation of the Rydberg state, enabling us to
treat the external field as quasi-static. It is therefore
justified to apply time-independent perturbation theory
at sufficiently low field amplitudes. In this regime, the
Rydberg state is split into equidistant quasi-stationary
Floquet states separated by multiples of the modulation
frequency [9]. The considered P-state of caesium expe-
riences the quadratic Stark effect causing the energy of
the Rydberg state () to shift according to:

1
e(t) = g0 — EQE(t)Q : (2)
Here ¢ is the energy and « the polarisability of the un-
perturbed state. Inserting the electric field from Eq. 1
we obtain the expression

E2
e(t) =es — a | Egc Eaccos wt + ic cos2wt| , (3)

consisting of a static contribution

€ = €0 — O‘(2E§c + Egc)/4 ) (4)
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FIG. 1. (a) In the presence of a RF electric field, the originally
unperturbed Rydberg state is shifted and develops sidebands
with relative amplitude |An(z,v)]* (see Eq. 6) at multiples
of the RF frequency. (b) For a vanishing dc field (z = 0),
only even-order sidebands are populated, whereas for x # 0
also odd-order sidebands occur and the sideband spectrum
becomes asymmetric.

and terms oscillating at w and 2w. If the admixture
of neighbouring Rydberg states is small, the electron
wave function U(r,t) can be separated into a time-
independent part ¢(r) and a temporally varying part
determined by Eq. 3. The time-dependent Schrédinger
equation can then be integrated to obtain [6, 8]

U(r,t) = Z An(z,y)exp <%sst + inwt) P(r),

(5)
where the coefficients

An(@,y) = D Jnom(@)Tm(y) (6)
are determined by Bessel functions of the first kind and
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Equation 5 predicts not only a constant shift of the orig-
inally unperturbed Rydberg state but also the formation
of sidebands with a fixed phase relationship and energies

n = s — nhw = g9 — a(2E3. + E2)/4 —nhw. (8)

If optically probed, these sidebands, illustrated in
Fig. 1(a), appear in the absorption spectrum and can be
interpreted as being caused by multi-photon excitation
involving optical excitation photons and |n| RF photons.
Correspondingly, stimulated emission involving various
numbers of RF photons can lead to modulation of the ex-
citation light, which as a result acquires sidebands. It is
worth noting that even for a pure ac field (Eq. = 0), the
root-mean-square amplitude of the ac field causes a shift
of the carrier state (n = 0) according to e, = g9 — $FZ,.
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FIG. 2. (a) A hollow-core PCF with a core diameter of 60 ym
(not to scale) is mounted inside a vacuum chamber exposed
to caesium vapour. Five field plates allow individual sections
along the fibre to be addressed with ac electric fields. In the
experiments, only one field plate is modulated at a time. (b)
The field plates consist of 2 mm wide silver stripes evaporated
on to thin glass substrates and then positioned above the
fibre. (c) Microstructure of the kagomé-PCF with a core
diameter of 60 pm.

From Eq. 5 we can infer that the relative amplitude of
a specific sideband is given by the expression |A,(z,y)|?,
which vanishes for sufficiently large n. |A,(z,y)|? is il-
lustrated in Fig. 1(b) as a function of y for both finite
and vanishing dc fields. For even-order sidebands and
FEq. = 0, the sum in Eq. 6 reduces to a single term, since
J,(0) is nonzero only for v = 0. For odd-order side-
bands, the sum vanishes completely for Eq. = 0. This is
consistent with Eq. 3, which predicts modulation of the
energy at w only in the presence of a dc field.

For E4. = 0, it is particularly easy to determine the
ac field amplitude that maximizes the amplitude of a
specific sideband at a given driving frequency. For the
second-order sidebands, for example, the relative side-
band amplitude is given by |A2(0,y)]? = |Ji(y)|> and
reaches a maximum of ~ 33.9% at y =~ 1.84. For the
30P3/, (my = 1/2) state (considered later) and a mod-
ulation frequency of 500 MHz, this corresponds to an ac
field amplitude F,. =~ 16.5V/cm. Since y is at the same
time proportional to the inverse of the modulation fre-
quency w and E2, (Eq. 7), the RF voltage required to
achieve efficient modulation scales with the square root
of the modulation frequency.

EXPERIMENTAL SETUP AND EXCITATION
SCHEME

We study RF-dressed Rydberg atoms inside a vapour-
filled kagomé-type HC-PCF (core diameter 60 um - see
Fig. 2(c)). By confining both excitation light and atoms,
these broadband-guiding fibres offer an elegant way to in-
terface atomic vapours with light. The fibre is mounted
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FIG. 3. (a) Three-photon transition to the Rydberg state. During measurements, both the 895 nm and the 1359 nm laser were
resonantly locked and the 780 nm Rydberg laser was scanned. The transmission of the 895 nm probe laser was measured as
a function of the Rydberg laser detuning A.. (b) Typical probe transmission curve obtained in a reference cell (blue). The
experimental data can be accurately modelled using a density matrix approach that accounts for the magnetic sublevels and
the thermal velocity of the atoms (red curve). (c) The excitation beams are combined using dichroic mirrors (DM) and focused
into the fibre ends with achromatic lenses (AL). The transmission of the 895 nm probe beam is detected with a photodiode
(PD). For the measurements, described here, only one field plate (red mark) was modulated.

inside a CF63 vacuum cube connected to a flexible metal
bellow acting as caesium reservoir. After pumping and
baking out the vacuum system, the valve connecting the
chamber to the turbo pump was closed and a caesium
ampoule inside the reservoir bellow was broken. The cae-
sium then diffused into the main chamber and on into the
open ends of the fibre. By changing the reservoir temper-
ature, we are able to control the vapour density inside
the main chamber. As explained later in more detail,
due to slow diffusion of the atoms the vapour densities
inside and outside the fibre are not at equilibrium.

As illustrated in Fig. 2(a), the fibre is equipped with
five field plates, allowing individual sections along the
fibre to be addressed with electric fields. The elec-
trodes were evaporated on to 200 ym thick glass sub-
strates as 2 mm x 22 mm silver stripes with a thickness of
~ 1 um (see Fig. 2(b)). A 5nm thick layer of chromium,
deposited between the glass and the silver layer, en-
sured a strong bond between the glass and the elec-
trodes. For reasons of compatibility with the reactive al-
kali gas, the field plates were electrically connected using
in-house-fabricated coaxial transmission lines consisting
of a central conductor surrounded by alumina beads and
a nickel-plated copper braiding. Despite the impedance
mismatch between the in-vacuum cables (~ 28€2) and
the air-side cables (50 2), this setup allows RF frequen-
cies of over 2 GHz to be applied while requiring only low
modulation voltages due to the miniaturised design.

We excite the Rydberg state via the three-photon
transition |6S1/2,F = 3> — |6P1/2,F/ = 4> —
|7S1/2, F"" = 4) — |nPs)3), respectively featuring the
transition frequencies 895nm, 1359nm and ~ 780nm
(see Fig. 3(a)). As shown in Fig. 3(c), the excitation
beams are combined via dichroic mirrors and focused
into the fundamental mode of the fibre with achromatic

lenses. The mode field diameter inside the fibre is ap-
proximately 40 pym and the in-out efficiencies of the three
beams are N895 ~ 54%, N78o ~ 55% and M1359 ~ 33%,
where the subscripts indicate the wavelength. The po-
larization of all beams is parallel to the applied RF field.
In order to minimize Doppler broadening, the 895 nm
probe beam is arranged to counter-propagate relative
to the two other beams. During measurements, the
two lasers driving the lower transitions were frequency-
stabilized by means of Doppler-free DAVLL spectroscopy
[19] and two-photon polarisation spectroscopy [20], while
the 780 nm laser was scanned across the Rydberg line. A
photodiode detected the transmitted probe light, which
we measured as a function of the Rydberg laser detun-
ing A.. We scaled the detuning axis using a Fabry-Pérot
cavity that was actively length-stabilised via the locked
probe laser.

Figure 3(b) shows the typical transmission spectrum
of the probe field measured in a reference cell. Quali-
tatively, the two transmission peaks in the signal result
from the two dressed states emerging when the interme-
diate transition is diagonalised. For a more quantitative
understanding of the lineshape, the thermal velocity of
the atoms must be taken into account [21]. We modelled
the atomic system with a density matrix approach using
the Liouville-von Neumann equation. In the simulations
we included the hyperfine magnetic sublevels mg of the
lower three states, a single Rydberg state for each mag-
netic quantum number (the hyperfine splitting of the
Rydberg state is not resolved in the experiment), the
dark hyperfine ground state (652, F' = 4) and transit
time effects via an additional decay channel for all states.
We calculated the density matrix for all relevant veloc-
ity classes of the atoms and obtained a Doppler-averaged
density matrix p by weighting the results with a Boltz-
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FIG. 4. Measured transmission of the probe beam at different
RF modulation frequencies. In all traces, the largest signal
(shaded grey) originates from the unmodulated parts of the
fibre. The field amplitudes were estimated from the red-shift
of the carrier state (n = 0) and vary slightly from each other
due to the transmission properties of the in-vacuum coaxial
cable. RF-induced sidebands are clearly visible on both sides
of the carrier state. At high modulation frequencies only
the £2 orders are visible, whereas at lower modulation fre-
quencies more sidebands appear. The existence of odd-order
sidebands is attributed to local electric fields inside the fibre,
which are estimated to be one order of magnitude smaller
than the applied ac field.

mann distribution. Within the applied framework, the
absorption of a two-level system is determined by the
imaginary part of the coherence between the two states.
For the multi-level system considered here, the absorp-
tion of the probe laser is determined by Impo;, repre-
senting the sum of all coherences between the magnetic
substates of the ground state and the magnetic substates
of the first excited state. In this sum, every coherence is
weighted with the corresponding transition dipole matrix
element. We related our simulations to the experimental
data by fitting the expression ¢t = a - exp(bImpaq) to the
transmission spectra (treating a and b as free fitting pa-
rameters) and obtained good agreement (see Fig. 3(b)).

RESULTS

In the following we present spectroscopic results ob-
tained in the hollow-core fibre while a single field plate
(marked in Fig. 3(c)) was modulated at frequencies up
to 500 MHz. The fibre had been exposed for 5 weeks to
a Cs atmosphere at different chamber temperatures of
up to 90 °C. The reservoir temperature was always kept
below the chamber temperature. The optical density (of
the resonant probe transition) measured inside the fibre
was OD; = 4.4 and smaller than the optical density of
the surrounding chamber OD., = 19. Due to the mis-
match in optical density, which as mentioned originates
from the slow diffusion of the atoms into the fibre, we
do not expect the atomic number density to be uniform

along the fibre at the time of the measurements. In fact,
a Stark-shifted signal was only observed when either one
of the two outermost plates was modulated. Future stud-
ies may reveal whether the lack of signal from the inner
sections of the fibre is due to the absence of Cs atoms or
to high electric fields prohibiting Rydberg excitation. In
all the measurements, the chamber and reservoir temper-
atures were Ty, =~ 84°C and Tres = 47 °C respectively.
The modulation potential was purely sinusoidal (i.e. no
dc offset was applied) and the externally supplied RF
voltage was Uy = 250mV (~ 1dBm). At the input
face of the fibre, the beam powers were pggs = 1 uW,
P13s9 = 8.2 uW and prgp = 25.5mW. The excited Ryd-
berg state 30P; /5 (mj = 41/2) possesses a polarisability
Q30P;,, = 26.93 MHZ/(ch_1)2 [22].

Figure 4 shows the probe transmission (averaged over
500 traces) for four different modulation frequencies be-
tween 250 MHz and 500 MHz as a function of A.. In
all the traces, the largest signal (marked by shaded
area) originates from the unmodulated part of the fibre,
through which the probe beam passed before it encoun-
tered the modulated section at the far end of the fibre
(see Fig. 3(c)). Due to the high probe power employed,
the signal is broadened and the depth of the central ab-
sorption dip is smaller than in the weak-probe limit. In
the modulated section of the fibre, the atomic resonance
(corresponding to n = 0 in Eq. 8) is red-shifted. The
shifted Rydberg state, which we refer to as the carrier,
gives rise to a distinct and clear signal in the spectrum
at negative detunings A.. Setting E4. = 0 we used Eq. 4
to estimate the field amplitude F,. from the red-shift of
the carrier state. Due to the frequency response of the
coaxial transmission line we obtained slightly different
field amplitudes for the different modulation frequencies
lying between ~ 8.6 V/cm at 500 MHz and ~ 10.1V/cm
at 250 MHz. From the geometry of the setup we con-
clude from these results that, at a modulation frequency
of 500 MHz, approximately 70% of the input RF voltage
is transferred to the field plates. This is consistent with
the impedance mismatch between the air-side coaxial ca-
ble and the self-built in-vacuum transmission line.

As expected, the carrier state is accompanied by RF-
induced sidebands separated by multiples of the RF fre-
quency. At high modulation frequencies, only second
order sidebands can be identified and the carrier state
possesses the largest amplitude. At lower modulation
frequencies, higher-order sidebands also appear and the
carrier amplitude falls. For the second order sidebands,
relative amplitudes of ~ 5% and ~ 29% are reached at
modulation frequencies of 500 MHz and 250 MHz respec-
tively. Strikingly, the sideband spectrum becomes asym-
metric in the case of low modulation frequencies and also
odd-order sidebands occur. Since no dc field was applied,
both these effects must be attributed to local electric
fields inside the fibre. This observation confirms previ-
ous findings [18], where line-shifts indicated the presence



[E 5245003 00 E,—8.36x0.08 400

0.8 E,=0.03+0.22 500 MHz E,=0.09+0.20 MHz
[} c c
- 0.6
£ 04 ‘fim -
£ 02 t =
[~
< 0 — —
g E,=10.0540.19 E,=10.20+0.16
S 041 —0.4120.10 300 MHz g — 4140.07 250 MHz
2 03
B 02

0.1

0
4 -3-2-101 2 3 4
sideband order

4 -3-2-101 2 3 4
sideband order

FIG. 5. Relative sideband amplitudes for the data-set shown
in Fig. 4. The blue bars represent experimental data deter-
mined from the spectra. The red bars represent a fit of the
theoretically expected amplitude | Ay, (z,y)|>. The field ampli-
tudes (given in V/cm) are extracted from the fit parameters
z and y (see Eq. 7). An asymmetry of the sidebands is in-
duced by a dc field component parallel to F,c. Since the local
dc field inside the fiber is likely to be randomly oriented, Fq4c
must be interpreted as mean or effective amplitude of this
component.

of local electric fields inside a kagomé-PCF with a core
diameter of 60 yum. These shifts seemed to vanish after
long-term exposure of the fibre to a Cs atmosphere [18].

To compare the experimental results with theoretical
predictions and to estimate the local dc field inside the
fibre, we fitted |An(z,y)|? (see Eq. 6) to the experimen-
tally obtained sideband amplitudes of the data-set shown
in Fig. 4. We then extracted the ac and dc field from the
fit parameters x and y (see Eq. 7). This procedure as-
sumes that the ac and dc fields are parallel, while the
dc field inside the fibre is likely to be randomly oriented.
As a consequence, the dc field component parallel to the
ac field varies over the length of the fiber and a dc field
component perpendicular to the ac field exists. The lat-
ter has no influence on the amplitude distribution of the
sidebands but causes a slight broadening of the lines due
to the non-vanishing tensor polarisability of the 303,
state [22]. For the parameter range considered here, the
dc field is much smaller than the ac field. A numerical
analysis reveals that in this regime, the random charac-
ter of the dc field has negligible influence on the fitted
field amplitude F,. and the fitted amplitude Fq4. can be
interpreted as the mean or effective component of the
dc field parallel to F,.. For this reason, Fq4. only deter-
mines the order of magnitude of the dc field. Figure 5
shows both the experimental data and the fits, which
are in excellent agreement with each other. Also shown
are the derived field amplitudes F,. and Eq.. The fit-
ted amplitudes E,. correspond within 4% to the values
estimated from the red-shift of the carrier state. For
Eq., we obtained field strengths smaller than 0.5V /cm,
which is again consistent with previous results [18]. In

the parameter regime investigated, the sideband spec-
trum becomes relatively insensitive to small dc fields at
large modulation frequencies. As a result, the estimated
field amplitudes E4. have relatively large uncertainties
in the high frequency case (see Fig. 5). Nevertheless,
it is striking that Fq. seems to increase with decreasing
modulation frequency. While this behaviour is not yet
understood, further investigations are expected to yield
valuable insight into the charge dynamics inside the fi-
bre.

OUTLOOK

In future experiments we plan to exploit the spatial
resolution of patterned electrodes to obtain a more de-
tailed understanding of diffusion, adsorption and desorp-
tion effects inside the fibre core. Also promising is the
integration of the modulation electrodes in the form of
conductive microwires inside the fibre [23]. This will al-
low even smaller modulation voltages and will lead to
larger bandwidths. Due to the tensor polarisability of
P35 states, the magnitude of the individual sidebands
can provide a more detailed insight into the direction of
the electric fields and the distribution of ions potentially
sitting on the walls of the hollow fibre core.

So far we have observed and analysed the applied
radio-frequency fields only in terms of additional field-
dependent spectroscopic features. If an efficient, minia-
turised electro-optical device is to be realised, the back-
action of the atomic system on the excitation light must
be investigated. This can be carried out by measuring
the amplitude of the optical sidebands (e.g., using a het-
erodyne setup). The kagomé-PCF system also allows the
study of the atomic response in a regime where a pertur-
bative approach is insufficient. This could be achieved
either by applying microwaves resonant to Rydberg-
Rydberg transitions or by increasing the power to a level
where the Rabi frequencies become comparable to the
transition frequencies between Rydberg states. In both
cases the optical response of the system could then be
studied in situations where the Rydberg electron cannot
adiabatically follow the applied fields.

We thank G. Untereiner for the vapour deposition
of the field plates and G. Raithel for discussions.
This project was financed by the Baden-Wiirttemberg
Stiftung and supported by the ERC under contract num-
ber 267100. H. K. acknowledges funding from the Carl-
Zeiss Foundation. G. E. acknowledges funding from
the Erlangen-based International Max Planck Research
School: Physics of Light (IMPRS-PL). C. V. was sup-
ported by the Deutschlandstipendium.



[1] T. F. Gallagher, Rydberg Atoms, Vol. 3 (Cambridge Uni-
versity Press, 2005).

[2] A. K. Mohapatra, T. R. Jackson, and C. S. Adams,
Physical Review Letters 98, 113003 (2007).

[3] J. E. Bayfield, L. D. Gardner, Y. Z. Gulkok, and S. D.
Sharma, Phys. Rev. A 24, 138 (1981).

[4] H. B. van Linden van den Heuvell,
N. H. Tran, and T. F.
Phys. Rev. Lett. 53, 1901 (1984).

[5] A. K. Mohapatra, M. G. Bason, B. Butscher,
K. J.  Weatherill, and C. S. Adams,
Nature Physics 4, 890 (2008).

[6] Y. Zhang, M. Ciocca, L.-W. He, C. E. Burkhardt, and
J. J. Leventhal, Physical Review A 50, 1101 (1994).

[7] J. F. Baugh, M. Ciocca, D. A. Edmonds, P. T.
Nellesen, C. E. Burkhardt, and J. J. Leventhal,
Physical Review A 54, R4641 (1996).

[8] C. S. E. van Ditzhuijzen, A. Tauschinsky,
and H. B. wvan Linden van den Heuvell,
Physical Review A 80, 063407 (2009).

[9] M. G. Bason, M. Tanasittikosol, A. Sargsyan, A. K.
Mohapatra, D. Sarkisyan, R. M. Potvliege, and C. S.
Adams, New Journal of Physics 12, 065015 (2010).

[10] J. A. Sedlacek, A. Schwettmann, H. Kibler,
R. Low, T. Pfau, and J. P. Shaffer,
Nature Physics 8, 819 (2012).

[11] J. A. Sedlacek, A. Schwettmann, H. Kiibler, and J. P.

R. Kachru,
Gallagher,

Shaffer, Phys. Rev. Lett. 111, 063001 (2013).

[12] D. A. Anderson, S. A. Miller, G. Raithel, J. A.
Gordon, M. L. Butler, and C. L. Holloway,
Phys. Rev. Applied 5, 034003 (2016).

[13] Y. Jiao, Z. Yang, J. Li, G. Raithel, J. Zhao, and S. Jia,
(2016), arXiv:1601.01748v1.

[14] S. A. Miller, D. A. Anderson, and G. Raithel, (2016),
arXiv:1601.06840v1.

[15] V. Zhelyazkova and S. D. Hogan,
Phys. Rev. A 92, 011402 (2015).
[16] V. Zhelyazkova and S. D. Hogan,

Molecular Physics 113, 3979 (2015).

[17] P. St.J. Russell, Science 299, 358 (2003).

[18] G. Epple, K. S. Kleinbach, T. G. Euser, N. Y.
Joly, T. Pfau, P. St.J. Russell, and R. Low,
Nature Communications 5, 4132 (2014).

[19] T. Petelski, M. Fattori, G. Lamporesi, J. Stuhler, and
G. M. Tino, The European Physical Journal D-Atomic,
Molecular, Optical and Plasma Physics 22, 279 (2003).

[20] C. Carr, C. S. Adams, and K. J. Weatherill,
Optics Letters 37, 118 (2012).

[21] C. Carr, M. Tanasittikosol, A. Sargsyan, D. Sark-
isyan, C. S. Adams, and K. J. Weatherill,
Optics Letters 37, 3858 (2012).

[22] S. Gu, S. Gong, B. Liu, J. Wang, Z. Dai, T. Lei, and
B. Li, Journal of Physics B: Atomic, Molecular and Op-
tical Physics 30, 467 (1997).

[23] H. K. Tyagi, H. W. Lee, P. Uebel, M. A. Schmidt,
N. Joly, M. Scharrer, and P. St.J. Russell,
Optics Letters 35, 2573 (2010).


http://dx.doi.org/10.1103/PhysRevLett.98.113003
http://dx.doi.org/10.1103/PhysRevA.24.138
http://dx.doi.org/10.1103/PhysRevLett.53.1901
http://dx.doi.org/10.1038/nphys1091
http://dx.doi.org/ 10.1103/PhysRevA.50.1101
http://dx.doi.org/ 10.1103/PhysRevA.54.R4641
http://dx.doi.org/ 10.1103/PhysRevA.80.063407
http://stacks.iop.org/1367-2630/12/i=6/a=065015
http://dx.doi.org/ 10.1038/nphys2423
http://dx.doi.org/10.1103/PhysRevLett.111.063001
http://dx.doi.org/ 10.1103/PhysRevApplied.5.034003
http://arxiv.org/abs/1601.01748v1
http://arxiv.org/abs/1601.06840v1
http://dx.doi.org/10.1103/PhysRevA.92.011402
http://dx.doi.org/10.1080/00268976.2015.1098741
http://dx.doi.org/10.1126/science.1079280
http://dx.doi.org/10.1038/ncomms5132
http://dx.doi.org/10.1364/OL.37.000118
http://dx.doi.org/10.1364/OL.37.003858
http://dx.doi.org/10.1364/OL.35.002573

