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Abstract

Wadsley–Roth crystallographic shear phases
form a family of compounds that have attracted
attention due to their excellent performance as
lithium-ion battery electrodes. The complex
crystallographic structure of these materials
poses a challenge for first-principles computa-
tional modelling and hinders the understand-
ing of their structural, electronic and dynamic
properties. In this article, we study three
different niobium-tungsten oxide crystallo-
graphic shear phases (Nb12WO33, Nb14W3O44,
Nb16W5O55) using an enumeration-based ap-
proach and first-principles density-functional
theory calculations. We report common princi-
ples governing the cation disorder, lithium in-
sertion mechanism, and electronic structure of

these materials. Tungsten preferentially occu-
pies tetrahedral and block-central sites within
the block-type crystal structures, and the local
structure of the materials depends on the cation
configuration. The lithium insertion proceeds
via a three-step mechanism, associated with an
anisotropic evolution of the host lattice. Our
calculations reveal an important connection be-
tween long-range and local structural changes:
in the second step of the mechanism, the re-
moval of local structural distortions leads to the
contraction of the lattice along specific crys-
tallographic directions, buffering the volume
expansion of the material. Niobium-tungsten
oxide shear structures host small amounts of
localised electrons during initial lithium inser-
tion due to the confining effect of the blocks,
but quickly become metallic upon further lithi-
ation. We argue that the combination of local,
long-range, and electronic structural evolution
over the course of lithiation is beneficial to
the performance of these materials as battery
electrodes. The mechanistic principles we es-
tablish arise from the compound-independent
crystallographic shear structure, and are there-
fore likely to apply to niobium-titanium oxide
or pure niobium oxide crystallographic shear
phases.
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Introduction

There is a high demand for energy storage
materials with improved performance in terms
of energy and power density, cycle life, and
safety. High-rate electrode materials specifi-
cally are needed to accelerate the adoption of
electric vehicles by increasing power density
and decreasing charging times. While strate-
gies like nanostructuring have been used exten-
sively to improve high-rate performance in ma-
terials like LTO1 (Li4Ti5O12), this has many
drawbacks, including high cost, poor stability,
and poor volumetric energy density.2 However,
nanostructuring is not always necessary to ob-
tain high rates. Recent work has shown that
very high rates can be achieved in micrometre-
sized particles of complex oxides of niobium (T-
Nb2O5

3), ternary Nb/W oxides (Nb16W5O55

and Nb18W16O93
4), and ternary Ti/Nb oxides

(TiNb24O62
5 and TiNb2O7). In addition to the

high-rate capability of these materials, their
voltage range of +2.0 V to +1.0 V vs. Li+/Li
minimises electrolyte degradation and SEI for-
mation, and avoids safety issues such as lithium
dendrite formation.

Crystallographically, these complex oxides
fall into two structural families: compounds
with a tungsten bronze-type structure (T-
Nb2O5

3,6 and Nb18W16O93
4), and Wadsley–

Roth phases with block-type structures. The
present work is concerned with the family
of Wadsley–Roth phases, which encompasses
a large number of crystallographically similar
compounds in the Nb2O5–WO3

7 and Nb2O5–
TiO2

8 phase diagrams, in addition to pure
Nb2O5

9 and Nb2O5–δ
10 phases. The crystal

structures of these compounds consist of blocks
of corner-sharing octahedra of size n×m, which
are connected to each other by edge-sharing
(Fig. 1). The edge-sharing connections be-
tween the octahedra are present along so-called
crystallographic shear planes, which frame the
blocks. Perpendicular to the n × m plane
the units connect infinitely (Fig. 1d,e), and
tetrahedral sites are present between the blocks
in some structures to fill voids. Locally, the
structures show strongly distorted octahedra
due to a combination of electrostatic repulsion

between cations and the second-order Jahn-
Teller (SOJT) effect.11,12 NbO6 octahedra at
the block periphery are more strongly distorted
than those in the centre, resulting in zigzag-like
patterns of metal cations along the crystallo-
graphic shear planes (Fig. 1d). The block size
depends in part on the oxygen-to-metal ratio of
the compound; a higher number of oxygens per
metal allows more corner-sharing connections
between octahedra, and therefore larger blocks.

Lithium insertion into Wadsley–Roth phases
was first studied systematically by Cava et
al. in 1983.13 The authors examined 12 dif-
ferent niobium oxide-based shear structures
and showed that the crystallographic shear
stabilises the structures against undesirable oc-
tahedral tilt distortions of the host framework,
which had previously been observed in ReO3.14

The frustration of distortions allows lithium
diffusion pathways to be kept open. Since the
initial report by Cava et al., there have been
articles detailing the electrochemical proper-
ties of many Wadsley–Roth phases, includ-
ing TiNb2O7,15,16 Ti2Nb10O29,17,18 TiNb24O62,5

Nb12WO33,19,20 Nb14W3O44,21,22 Nb16W5O55,4

Nb12O29,23,24 H-Nb2O5,3 and PNb9O25.25

These studies have shown good performances
of Wadsley–Roth phases as Li-ion battery elec-
trodes, with a remarkable high-rate capabil-
ity.4,16 Ultrafast lithium diffusion was recently
observed in Nb16W5O55 with pulsed field gra-
dient NMR spectroscopy and electrochemical
techniques.4 A strong similarity in the struc-
tural and phase evolution between different
Wadsley–Roth phases has been noted.4,13 The
phase evolution and voltage profile up to 1.5
Li/TM (Li per transition metal) can generally
be divided into three regions; a first solid so-
lution region with a sloping voltage profile is
followed by a two-phase-like region where the
voltage profile slope is flatter. Depending on
the specific Wadsley–Roth phase, this second
region of the voltage profile might be almost
flat (as in H-Nb2O5

3), or have a small slope
(Nb16W5O55

4). Beyond the two-phase-like re-
gion, another solid solution ensues. The sim-
ilarity of their electrochemistry is highlighted
by the fact that most articles reporting prop-
erties of a single Wadsley–Roth phase draw
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Figure 1: Crystal structures of Wadsley–Roth phases studied in this work: (a) Nb12WO33 (space-
group C2), (b) Nb14W3O44 (I4/m), (c) Nb16W5O55 (C2). Light and dark coloured blocks are offset
by half the lattice parameter perpendicular to the plane of the page. Note the increase in block
size from a) Nb12WO33 (3×4) to d) Nb16W5O55 (4×5). The blocks are framed by crystallographic
shear planes (edges of red squares in (b)), along which the metal-oxygen octahedra are strongly
distorted (d). The octahedra in the block centre (e) are much less distorted. Transition metal
atoms shown in blue and oxygen in orange.

comparisons to other compounds of the fam-
ily.4,5,13,19,25 Cation ordering preferences (such
as in the Ti/Nb oxides26) and electronic struc-
ture features10,27 are also very similar.

Despite the rapidly growing number of ex-
perimental studies on Wadsley–Roth phases,
reports of computational modelling are almost
absent. First-principles modelling of Wadsley–
Roth phases is both difficult and computa-
tionally expensive; the crystal structures are
complex, have large unit cells with a multitude
of lithium sites, and, in Nb/Ti and Nb/W ox-
ides, feature inherent cation disorder. In this
work, we study the cation disorder, lithium
insertion mechanism, and electronic struc-
ture of three different Wadsley–Roth phases

(Nb12WO33, Nb14W3O44, and Nb16W5O55) us-
ing first-principles density-functional theory
calculations. Their similarity in terms of both
structure (cf. Fig. 1) and composition calls for
a combined study. Building on our previous
work on the electronic structure of Nb2O5–δ

crystallographic shear phases,27 this study is
motivated by the recent report of structural
mechanisms in Lix Nb16W5O55,4 which we aim
to understand from first principles.

The article is structured as follows. We
begin by studying the Nb/W cation disorder
using an enumeration approach. We estab-
lish cation ordering preferences and the lowest-
energy cation configurations, and discover a
variability of the local structure caused by the
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cation disorder. Next, we present a lithium
insertion mechanism for Nb12WO33 in terms
of the sequence of occupied lithium sites, the
voltage profile, and the local and long-range
structural evolution. We show that the mech-
anistic principles established for Nb12WO33 are
transferable to Nb14W3O44 and Nb16W5O55. In
fact, Nb12WO33 and Nb14W3O44 can serve as
model compounds to study the more complex
Nb16W5O55. After investigating the electronic
structure of the materials over the course of
lithium insertion, we go on to discuss common
mechanistic principles for this structural fam-
ily, and their implications for battery perfor-
mance. We conclude by suggesting new di-
rections for theory and experiment on struc-
tural, dynamic, and electrochemical properties
of Wadsley–Roth phases.

Methods

Structure enumeration. Symmetrically dis-
tinct cation configurations of Nb/W within
the (primitive, single block) unit cells of
Nb14W3O44 and Nb16W5O55 were enumerated
with a homemade program using established
techniques28 based on a reduction of configura-
tional space by the space group symmetry of a
parent structure. Overall, 172 cation configura-
tions were enumerated for Nb14W3O44, and 45
for Nb16W5O55. Further details can be found
in the Supporting Information and the Results
section.

The minority cation occupancy (i.e. tung-
sten occupancy) PS for site S within the crystal
structure was obtained according to

PS =
1

Z

∑
i

NS,i

mS

gie
− Ei
kBT , (1)

where the symmetrically inequivalent cation
configurations are labelled by i, and their de-
generacy and energy above the ground state
(per unit cell) are gi and Ei, respectively. NS,i

denotes the number of positions of type S that
are occupied by tungsten in cation configura-
tion i, and mS is the total number of positions
of type S within the unit cell. The partition

function is given by Z =
∑

i gie
− Ei
kBT . Equa-

tion 1 can be understood as a thermodynamic
average of the fraction of positions of type S oc-
cupied by tungsten. The lowest energy cation
configuration of each phase was used as a start-
ing point to generate structural models of lithi-
ated phases.

Structures of lithiated phases were gen-
erated by enumerating all possible lithium-
vacancy configurations over sets of lithium sites
in Nb12WO33 and Nb14W3O44. The crystal
symmetry was kept during this enumeration.
Overall, 2048 structures were enumerated for
Nb12WO33, and 256 for Nb14W3O44. Due to the
much larger number of possible lithium sites
in Nb16W5O55, a full enumeration of lithium-
vacancy configurations and subsequent DFT
optimisation was computationally too expen-
sive. Further details regarding the generation of
lithiated structures can be found in the Results
section.
Computational details. All calculations

were performed using the planewave pseu-
dopotential DFT code CASTEP29 (version
18.1). The gradient-corrected Perdew-Burke-
Ernzerhof exchange-correlation functional for
solids30 (PBEsol) was used in the calculations
presented in this work, unless otherwise speci-
fied. Many of the results we report are struc-
tural, and the PBEsol functional was there-
fore chosen because it provides better agreee-
ment with experimental lattice parameters than
PBE or LDA.30 However, all of the results pre-
sented in this article show the same trends if
computed with PBE instead. Structural opti-
misations were always performed in two steps:
an initial relaxation using efficient parameters,
followed by re-optimisation using very high ac-
curacy parameters. For efficient parameters,
core electrons were described using Vander-
bilt “ultrasoft” pseudopotentials,31 generated
using the ‘efficient’ specifications listed in Ta-
ble S1. These require smaller planewave ki-
netic energy cutoffs than the ‘high accuracy’
ones. The planewave basis set was truncated
at an energy cutoff of 400 eV, and integra-
tion over reciprocal space was performed using
a Monkhorst-Pack grid32 with a spacing finer
than 2π × 0.05 Å−1. Higher accuracy was used
to refine low-energy lithiated structures and all
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cation configurations. Harder, more transfer-
able ultrasoft pseudopotentials were generated
using the CASTEP 18.1 “on-the-fly” pseudopo-
tential generator with the ‘high accuracy’ spec-
ifications listed in Table S1. The planewave
cutoff energy was set to 800 eV, and the
Monkhorst-Pack grid spacing was chosen to
be 2π × 0.05 Å−1 for calculations on pristine
Nb12WO33, Nb14W3O44 and Nb16W5O55 struc-
tures. For the lithiated phases, the Monkhorst-
Pack grid spacing was set to 2π× 0.03 Å−1 due
to their metallicity. Spin polarisation had a
negligible effect on total energies, and structure
optimisations using PBEsol were therefore per-
formed without spin polarisation. Atomic po-
sitions and lattice parameters of all structures
were optimised until the force on each atom was
smaller than 0.01 eV/Å, and the maximum dis-
placement of any atom over two consecutive op-
timisation steps was smaller than 10−3 Å.

DFT+U calculations (following the method
of Ref.33) were performed to assess the impact
of a change in the level of theory on thermo-
dynamics and electronic structure. A value of
U = 4 eV was chosen for the niobium and tung-
sten d-orbitals if not specified otherwise. This
choice is in line with previous work27 on nio-
bium oxides. We note (and later demonstrate)
that the results are mostly independent of the
inclusion and exact value of the U parameter.
Thermodynamics. The thermodynamic

phase stability of lithiated niobium-tungsten
oxide phases was assessed by comparing the
formation energy of different phases. For the
pseudobinary phases considered in this work, a
formation energy is defined as

Ef =
E{LixY} − xE{Li} − E{Y}

1 + x
(2)

for Y = Nb12WO33, Nb14W3O44, or Nb16W5O55.
The formation energies were plotted as a func-
tion of the Li number fraction cLi = x

1+x
. A

pseudo-binary convex hull was constructed be-
tween the Y and Li end members at (cLi,Ef) =
(0, 0); (1, 0). Thermodynamically stable phases
at 0 K lie on the convex hull tieline.

Voltages for transitions between phases lying
on the convex hull were calculated from the

DFT total energies. For two phases on the hull,
Lix1Y and Lix2Y, with x2 > x1, the voltage V
for a reaction

Lix1Y + (x2 − x1) Li→ Lix2Y (3)

is given by

V = − ∆G

x2 − x1

≈ − ∆E

x2 − x1

=− E(Lix2Y)− E(Lix1Y)

x2 − x1

+ E(Li) ,

(4)

where the Gibbs free energy is approximated
by the internal energy, as the pV and thermal
contributions are small.34

Electronic structure and postprocess-
ing. Bandstructure calculations were per-
formed for high-symmetry Brillouin zone di-
rections according to those obtained from the
SeeK-path package,35 which relies on spglib.36

A spacing between k-points of 2π × 0.025 �A−1

was used for the bandstructures. Density of
states calculations were performed with a grid
spacing of 2π × 0.01 �A−1, and the results were
postprocessed with the OptaDOS package37 us-
ing the linear extrapolative scheme.38,39 The
c2x40 utility and VESTA41 were used for visu-
alisation of crystal structures and density data.
Data analysis and visualisation was performed
with the matador42 package.

Results

Cation Disorder

Neutron diffraction studies have established
that the cation distribution in block-type struc-
tures is disordered but not random.5,26,43 Some
amount of disorder is also suggested by single
crystal X-ray diffraction studies.8,44 Labelling
conventions for the cation sites in the crystal
structures are shown in Figure 2, and abide
by literature conventions as much as possible.
To derive fractional occupancies for the tung-
sten cations in Nb14W3O44 and Nb16W5O55 we
apply a Boltzmann distribution (Eqn. 1) us-
ing the DFT total energies of the symmetri-
cally inequivalent cation configurations. The
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Figure 2: Symmetrically inequivalent transition metal cation sites and their occupancies in (a)
Nb14W3O44, and (b) Nb16W5O55. The labelling follows Cheetham and von Dreele43 for Nb14W3O44,
and Wadsley and Roth44 for Nb16W5O55. A temperature of 1200 ◦C was used to determine the
cation occupancies. The positions of axes of fourfold symmetry (Nb14W3O44) and twofold symmetry
(Nb16W5O55) are indicated by circling arrows. In both structures, tungsten preferentially occupies
the tetrahedral and block-central sites.

Table 1: Tungsten occupancies on cation sites in Nb14W3O44. All sites except M5 have a multiplicity
of four. Taking into account the degeneracies, the number of tungsten atoms in a single block (Fig. 2)
is three, as required. The synthesis temperature is reported as 1350 ◦C,7 or 1050 ◦C.43 Note that
the refinement of fractional occupancies reported in Ref.43 was performed in I4/m, while the DFT
predictions are for I 4̄. The multiplicity of the tetrahedral site is different in these two spacegroups,
and the experimental occupancy has been adjusted accordingly. The experimental data43 includes
estimated standard deviations.

Site Expt.43 DFT (1050 ◦C) DFT (1200 ◦C) DFT (1350 ◦C)

M1 0.39± 0.04 0.343 0.328 0.316
M2 0.23± 0.07 0.084 0.093 0.101
M3 0.00± 0.06 0.045 0.054 0.062
M4 0.00± 0.05 0.058 0.068 0.076

M5 (tet.) 0.54± 0.11 0.877 0.830 0.782

results are listed in Tables 1 and S2 for tem-
peratures of 1050–1350 ◦C, which corresponds
to the range of synthesis and annealing temper-
atures.4,7,43 Cation occupancies in Nb14W3O44

and Nb16W5O55 at 1200 ◦C are presented in
Fig. 2 using a colormap. Plots of the tung-
sten occupancies for an extended temperature
range are available in the Supporting Informa-
tion (Figs. S1, S2).

If the cation distribution in Nb14W3O44 was
completely random, each site would have a
tungsten occupancy of 3

17
≈ 0.176. Instead,

tungsten is predicted to favour the M5 tetra-
hedral position and the M1 block-center posi-
tion (Table 1). The preferential occupancy of
tungsten on the purely corner-shared M1 posi-
tion is expected; the metal-metal distances are
larger in the block center, and the occupation
of these sites by the more highly charged tung-
sten cations (assuming W6+ vs. Nb5+) reduces
the overall electrostatic repulsion. Preferential
occupation of tungsten on the tetrahedral site
is due to the shorter M-O distances, which, to-
gether with the higher charge of the tungsten
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cations, lead to better covalency and stronger
bonds. In fact, the 15 lowest energy struc-
tures generated by enumeration and DFT op-
timisation all have tungsten on the tetrahedral
site. The two lowest energy cation configura-
tions both have the tetrahedral site occupied
by tungsten, in addition to two M1 sites. The
lowest energy configuration has spacegroup C2,
whereas the second lowest configuration has
spacegroup P1 (+123 meV/f.u. above ground-
state). The highest energy structure lies +1.29
eV/f.u. above the ground state.

The cation ordering in Nb14W3O44 has pre-
viously been investigated by Cheetham and
Allen using neutron powder diffraction.43 DFT-
derived fractional occupancies are in reason-
able agreement with experiment (Table 1). The
overall sequence of site occupancy preferences
is the same. The occupancy of the tetrahe-
dral site M5 is predicted to be larger, while
the occupancy of M2 is predicted to be much
smaller. Those two site occupancies also have
the largest estimated experimental uncertainty
(Table 1). Given the very similar local struc-
tures of M2, M3, and M4, the large occupancy
of M2 as compared to M3 and M4 seems in-
consistent. Determining occupancies in these
large and complex structures is difficult, par-
ticularly when the neutron scattering lengths
are not very different (7.054 and 4.86×10−15 m
for Nb and W, respectively).45 We suggest that
the cation distribution should be revisited, per-
haps with a joint X-ray/neutron study, to help
constrain the occupancies.

X-ray diffraction studies suggest that the
tungsten atom in Nb12WO33 is ordered on the
tetrahedral site.44 An enumeration within the
primitive unit cell of Nb12WO33 produces only 7
structures, for the 7 symmetrically inequivalent
sites. Placing the tungsten atom on the tetra-
hedral site results in the lowest energy struc-
ture. The second lowest energy structure with
tungsten in the block-center lies +364 meV/f.u.
above the ground state, suggesting a strong
preference for the tetrahedral site even com-
pared to the block-center position.

Experimental data regarding the cation or-
dering in Nb16W5O55 is not available. How-
ever, the structure of Nb16W5O55 is very sim-

ilar to that of Nb14W3O44, with only one ad-
ditional row of octahedra within each block.
For our calculations, the tetrahedral site has
been fully occupied by tungsten given the pref-
erence of tungsten for the tetrahedral site in
Nb14W3O44 and Nb12WO33. We have also con-
strained ourselves to configurations in space
group C2. The more highly charged tung-
sten cations again prefer to occupy the purely
corner-shared octahedral positions in the block
middle of Nb16W5O55; occupancies of sites M5,
M6, and M8 are by far the largest (Fig. 2, Table
S2). The lowest energy cation configuration for
Nb16W5O55 has tungsten on sites M8 and M5,
while the second and third lowest energy con-
figurations have tungsten on sites M8 and M6
(+11 meV/f.u. vs. groundstate) and M5 and
M6 (+147 meV/f.u. vs. groundstate). The
highest energy cation configuration lies +2.27
eV/f.u. above the groundstate.

There are several effects that are not taken
into account by the DFT prediction; (1) the
modelling necessarily assumes that the mate-
rial is in thermal equilibrium, but depending on
synthesis temperature and annealing time, the
kinetics of solid state diffusion might play a role
in determining the site occupancies, (2) only
single-block cation configurations were stud-
ied, limiting the length scale of interactions,
(3) at the high synthesis temperature of the
metal oxide, temperature effects such as vol-
ume expansion, harmonic or even anharmonic
vibrations certainly play a role and the DFT
energy is a good, but limited substitute for
the full free energy. Nevertheless, the low-
est energy single-block cation configurations are
the best choice to use in modelling the lithi-
ation mechanism, and are shown explicitly in
Fig. S3. We include crystallographic informa-
tion files (CIF) for all PBEsol-optimised sym-
metrically inequivalent cation configurations of
Nb14W3O44 and Nb16W5O55 in the Supporting
Information of this article, in addition to a ta-
ble of their space groups, relative energies, and
degeneracies.

The individual cation configurations deviate
from the idealised parent crystal structure by
different amounts. For both Nb14W3O44 and
Nb16W5O55, the distributions of lattice param-
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eters and unit cell volumes of the cation con-
figurations show a spread of 1-2 % around the
mean. In addition to slight differences in lat-
tice parameters, the MO6 octahedra of both
Nb14W3O44 and Nb16W5O55 exhibit different
distortions depending on the cation configura-
tion. To analyse these distortions, we intro-
duce three distortion measures: a dimensionless
bond angle variance ∆(θoct), the quadratic elon-
gation λoct, and an off-centering distance doct.
The bond angle variance and quadratic elonga-
tion are commonly used distortion measures46

implemented, for example, in VESTA.41 The
∆(θoct) measure is defined as the bond angle
variance divided by the square of the mean to
make the quantity dimensionless:

∆(θoct) =
1

12

12∑
i=1

[
θi − 〈θi〉
〈θi〉

]2

, (5)

where the 12 O-M-O angles are denoted by θi.
Note that only angles which are 90◦ in an ideal
octahedron are included.

The quadratic elongation λoct is defined as

λoct =
1

6

6∑
i

( li
l0

)2

, (6)

where li are the M-O bond lengths, and l0 is
the M-O bond length for an octahedron with
Oh symmetry whose volume is equal to that
of the distorted octahedron.46 The off-centering
distance is defined as the distance between the
center of the O6 polyhedron and the metal po-
sition

doct =

∥∥∥∥rM −
6∑
i=1

rO,i

6

∥∥∥∥ , (7)

where rM is the metal position and rO,i are the
oxygen positions. Both ∆(θoct) and doct are
zero for an ideal octahedron, and λoct is one.
The three distortion measures are plotted in
Fig. 3 for the M1–M4 sites in Nb14W3O44 for all
172 cation configurations, but we note that not
all configurations will contribute equally due to
their different Boltzmann weight.

The M1 block-center octahedron is, on aver-
age, less distorted than the the block-peripheral
M2, M3, and M4 octahedra. However, all
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Figure 3: Distortion measures for octahe-
dral positions M1–M4 (cf. Fig. 2) for all
172 cation configurations of Nb14W3O44. The
block-central M1 octahedra are more symmet-
ric than the peripheral M2–M4 octahedra. All
sites show a significant spread in their octahe-
dral distortion measures.

octahedral positions show a significant spread
in their distortion measures, indicating a de-
pendence of the local structure on the cation
configuration. To put these results into con-
text, we note that quadratic elongation mea-
sures for octahedra in inorganic compounds fall
in the range of 1.00–1.07.46 Nb14W3O44 exhibits
this entire range of distortions if all transition
metal sites and cation configurations are consid-
ered together. The off-center distances show a
spread of approximately 0.15–0.2 Å. Given the
convergence tolerance of 10−3 Å for the DFT ge-
ometry optimisation, this indicates a significant
static disorder in the atomic positions. Sim-
ilar results are obtained for Nb16W5O55, also
showing weaker distortions for the block-central
sites (M5, M6, M8) and a significant spread in
the distortion measures for all transition metal
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octahedra in the structure (Fig. S4). Over-
all, these results indicate a variability of the
local structure at the unit cell level in mixed-
metal shear phases that is not captured by a
single cation configuration. Each cation con-
figuration has a different set of cation-cation
neighbour patterns, which can cause different
local distortion directions and strengths. In
this study, only cation configurations within the
primitive unit cell have been considered. Ef-
fects on a longer range can be important, and
would lead to a more continuous variation of
the local structure. For example, there are two
sets within the distortion measures for tungsten
on the M2 site (Fig. 3), separated by a gap.
The more distorted set corresponds to WO6 oc-
tahedra edge-sharing with two other WO6 oc-
tahedra along the crystallographic shear plane,
while the less distorted set corresponds to WO6

edge-sharing with two NbO6 octahedra. Con-
figurations within a supercell along the c direc-
tion (cf. Fig. 1) would include WO6 octahedra
sharing edges with one NbO6 and one WO6 oc-
tahedron, and likely close the gap.

Both niobium and tungsten are generally clas-
sified as intermediate SOJT distorters within
the group of d0 cations.47 In Nb14W3O44, nio-
bium and tungsten show very similar distortion
strengths on the M1 positions, while the distor-
tion for tungsten seems to be weaker for sites
M2–M4. Given the local structure variability
in Nb/W oxide shear structures, it is very likely
that the Ti/Nb structures show the same prop-
erties, since d0 titanium is also classified as an
intermediate distorter. Stronger distortions are
generally exhibited by molybdenum, while zir-
conium shows only very weak distortions.47 It
would be interesting to examine the effect of
Mo/Zr doping on the local structure in shear
phases.

Lithium Insertion Mechanism

Nb12WO33

Lithium sites in block-type structures divide
into three sets; fivefold coordinated ‘pocket’
sites at the edge of the block, fourfold co-
ordinated horizontal ‘window’ positions, and

fourfold coordinated vertical ‘window’ positions
(Fig. 4a). These sites have been deduced by
neutron diffraction studies for lithiated block-
type structures TiNb2O7 and H-Nb2O5.48,49 We
will assume and verify the presence of these
sites for Nb12WO33. The lithium site energies
and local structures in Nb12WO33 are shown in
Fig. 4b. Site energies and structures were ob-
tained by placing a single lithium atom into a
(1 × 2 × 1) supercell of Nb12WO33 (cf. Fig. 1)
and optimising the structure. The site energies
Ef,i were calculated as

Ef,i = Ei − ESC − E(Li) , (8)

where Ei is the energy of the supercell with a
lithium atom placed at site i, ESC is the en-
ergy of the supercell, and E(Li) is the energy
of bulk lithium. A comparison of the site ener-
gies shows that the insertion into fivefold coor-
dinated sites is energetically more favourable.
Horizontal window positions have a symmet-
ric arrangement of oxygen atoms, while vertical
window positions and some of the pocket sites
are less symmetric. In the horizontal window
position, the lithium ion sits slightly above the
plane formed by the four oxygen atoms. The
vertical window positions (sites 2, 3, and 4) are
too large for fourfold coordination of lithium by
the oxygen atoms, and insertion into these sites
is energetically the least favourable. The result-
ing threefold coordinated lithium ion moves far
off the plane formed by the oxygens. The single
site energies of around −2.1 eV agree well with
the starting point of the voltage profile at 2 V
vs. Li+/Li.20

In order to simulate the lithium insertion
into Nb12WO33 over the entire range of lithium
content, lithiated structures Lix Nb12WO33 were
generated by enumerating all possible lithium-
vacancy configurations for the sites shown in
Fig. 4. The special position in the center of
the block (site 1) was fixed to be occupied.
Using the remaining 11 independent sites for
Nb12WO33, 211 = 2048 lithiated structures re-
sult, for stoichiometries of Lix Nb12WO33 with
x ranging from 1 to 23 in steps of 2. This enu-
meration produces ‘snapshots’ of the structure
and energetics of Lix Nb12WO33 at specific sto-
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Figure 4: (a) Types of lithium sites present in Nb12WO33. Window positions are fourfold coordi-
nated by oxygens, pocket positions fivefold. The circling arrow marks the twofold rotation axis of
the crystal structure. This symmetry element is kept for the enumeration of lithiated structures.
(b) Local structure of lithium sites and site energies in Nb12WO33. Only one of each pair of equiv-
alent sites is shown. Insertion into fivefold coordinated sites is energetically more favourable. The
vertical window positions next to the crystallographic shear planes (sites 2, 3, 4) are too large for
fourfold coordination of lithium. Niobium shown in dark blue, lithium in purple, and oxygen in
orange.

ichiometries. The convex hull of the lowest en-
ergy Lix Nb12WO33 structures (Fig. S5) shows
stable or nearly stable phases for each of the sto-
ichiometries examined, indicating that no ex-
tended two-phase regions occur. To reliably
capture the lithium insertion mechanism, it is
useful to include metastable structures (i.e. up
to a certain cutoff energy above the convex hull
tieline) in the analysis. These metastable struc-
tures could be accessed at finite temperatures.
If only thermodynamically stable structures are
considered, there is no simple sequence of occu-
pation of lithium sites (Fig. 5), although there
is a slight initial preference for occupation of
fivefold coordinated sites and undistorted four-
fold sites, especially if metastable structures are
included. Both site energies (Fig. 4) and Li-Li
interactions are important for determining the
lithium insertion sequence.

A comparison of the experimental20 and
DFT-predicted voltage profiles (calculated with
Eqn. 4) at the GGA and GGA+U levels of the-
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Figure 5: Occupation of lithium sites for each
sampled stoichiometry. Lithium sites labelled
according to Fig. 4. Bold dots correspond to
sites occupied in the structure on the convex
hull tieline, smaller dots mark sites that are oc-
cupied in structures up to 200 meV/f.u. above
the convex hull tieline. There is no simple se-
quence of lithium site occupation.
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ory is shown in Figure 6. The DFT-predicted
voltage profiles are necessarily composed of
abrupt step changes due to the discrete number
of stoichiometries, and only qualitative compar-
isons between experimental and DFT-predicted
voltage profiles should be made. We also note
that the experimental voltage profile has not
explicitly been recorded under equilibrium con-
ditions.
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Figure 6: Experimental voltage profile (orange,
digitised from Ref.20) compared to DFT predic-
tions: PBEsol (blue), PBEsol+U for U = 3 eV
(green), and U = 4 eV (red). The predicted
voltage profiles are composed of steps due to
the discrete sampling of stoichiometries, and
are in qualitative agreement with the experi-
mental profile.

Compared to the experiment, PBEsol slightly
underestimates the average insertion voltage;
the average experimental voltage up to 1 Li/TM
is 1.65 V, whereas PBEsol predicts 1.44 V. The
average insertion voltages evaluated with PBE
and LDA are 1.30 V and 1.70 V, respectively.
We note that the inclusion of a U value for the
niobium 4d orbitals has a minor effect on the
average insertion voltage; for both U = 3 eV
and U = 4 eV, the average insertion voltage
up to 1 Li/TM is 1.45 V. It is well known that
GGA functionals underestimate lithium inser-
tion voltages of transition metal oxides, but
this can be corrected for late first-row elements
(Fe/Mn/Co/Ni) by DFT+U methods.50 The
case of niobium oxides seems to be closer to that
of d0 titanium oxides, in that the use of DFT+U

is ineffective51 (cf. Supplementary Methods).
In addition it is unclear what the value of U
should be for this case; the electronic structure
and chemical bonding will change as a func-
tion of lithium concentrations, possibly requir-
ing different U values at different points to be
described accurately. However, total energies
(and therefore phase stability) for sets of struc-
tures with different U values cannot be com-
pared. Since the difference between GGA and
GGA+U results is small, we will continue with
a GGA treatment and defer discussion of the
electronic structure to a later section. We note
that while hybrid functionals like HSE06 are
able to provide better agreement with exper-
imental voltages, their use is computationally
more expensive and errors of ±0.2 V are still
common.50

While the average insertion voltage is under-
estimated, the shape of the DFT-predicted pro-
files does show similarity to the experimental
one; there seems to be a region with rather flat
slope between x = 3 and x = 11, which matches
the flatter second region of the experimental
profile. Despite the shallow gradient of the elec-
trochemical profile, this region does not corre-
spond to a true two-phase region. The similar-
ity between the experiment and DFT prediction
is present for both the PBEsol and PBEsol+U
results, and becomes clearer if the predicted
profiles are shifted upwards by the difference
in the average insertion voltage, corresponding
to an adjustment of the Li chemical potential
(Fig. S6).

The evolution of the lattice parameters of
Nb12WO33 as a function of lithium content is
anisotropic (Fig. 7a). Lattice parameter b,
which is perpendicular to the plane of the block,
expands, and most of the expansion takes place
between x = 5 and x = 11. Lattice param-
eters a and c first expand until x = 5, and
then contract to a minimum at x = 11 that
lies almost 0.3 �A below the lattice parameters
of the pristine structure. For x > 11, a and
c expand again. The lattice contraction oc-
curs in the same region as the flatter part of
the voltage profile (shaded blue in Figs. 6, 7a).
The same evolution of the lattice parameters is
also observed when phases up to 200 meV/f.u.
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Figure 7: Structural evolution of Lix Nb12WO33 as a function of lithium content x. (a) The lattice
parameters evolve anisotropically; b expands over the entire x range, while a and c first expand
until x = 5, contract, and then expand again beyond x = 13. The average octahedral distortion
〈∆(θoct)〉 decreases, with most of the decrease between x = 5 and x = 11. (b) The local structure in
(i) Nb12WO33 and (ii) Li13Nb12WO33 along the second row of octahedra in the 3×4 block. Niobium
in dark blue, oxygen in orange, and lithium in purple. The interatomic distances demonstrate 1)
an expansion perpendicular to the block plane, 2) a contraction within the block plane, and 3) a
decrease of Nb-Nb distances along the shear planes. Compared to Nb12WO33, the NbO6 octahedra
in Li13Nb12WO33 are more symmetric, corresponding to a smaller distortion measure 〈∆(θoct)〉.

above the convex hull tieline are included in the
analysis (Fig. S7). These metastable struc-
tures might be formed during cycling, or be
partially accessible due to finite temperature
effects. However, the same lattice evolution
would result.

Over the course of lithium insertion, the
transition-metal oxygen octahedra become pro-
gressively more symmetric, as shown by the
evolution of the average distortion measure

〈∆(θoct)〉 (Fig. 7a), obtained according to

〈∆(θoct)〉 =
1

Noct

Noct∑
j=1

∆j(θoct) . (9)

Compared to the pristine Nb12WO33, the
distortions in both the MO6 octahedra and
the lithium sites are largely removed in
Li13Nb12WO33 (Fig. 7b). The evolution in the
lattice parameters and the local structure is
closely linked. Over the course of lithium in-
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sertion, the blocks of octahedra in Nb12WO33

first expand and then contract within the ac
plane (Fig. 7). Perpendicular to the ac plane,
they expand monotonically. An expansion is
expected for lithium insertion, as an increase
of the number of atoms within the same vol-
ume should lead to an increase thereof. The
decrease in the lattice parameters within the
block is associated with the MO6 octahedra
symmetrisation. As the apical oxygens of the
octahedra along the shear planes are pulled
towards the block center, the lattice shrinks
within the block plane (Fig. 7b). The block
height expands from 3.81 �A to 4.09 �A, and the
Nb-Nb distance along the shear plane decreases
by over 0.4 �A.

The structural changes are closely con-
nected to the occupation of specific lithium
sites; the thermodynamically stable phases
of Lix Nb12WO33 (Fig. 5) show occupation of
undistorted sites (1, 6, and 8) for x ≤ 5. For
x ≥ 7, vertical window positions that were pre-
viously highly distorted are occupied, and the
distortions in both lithium sites and octahedra
start to be removed.

Based on the predicted voltage profile, lattice
evolution, and local structure changes, the over-
all phase evolution of Nb12WO33 through three
regions can be rationalised. Taken together,
and compared to previous experiments, these
results suggest two solid solution regions, with
a two-phase-like region in between. The two-
phase-like region is marked by a block-plane
contraction and a removal of distortions in the
transition metal-oxygen octahedra.

Nb14W3O44 and Nb16W5O55

Following on from Nb12WO33, we now demon-
strate that very similar lithium insertion mech-
anisms apply to Nb14W3O44 and Nb16W5O55.

The crystal structures of Nb12WO33,
Nb14W3O44, and Nb16W5O55 are all are based
on the block principle and feature the same lo-
cal structural distortions (cf. Fig. 1). This sim-
ilarity leads to the presence of the same types
of lithium environments in all three structures.
The classification into pocket and window sites
in Nb14W3O44 and Nb16W5O55 follows the same

Figure 8: Local and long-range structural evo-
lution of Nb14W3O44 during lithium insertion.
The anisotropic lattice evolution and the re-
moval of the octahedral distortions (〈∆(θoct)〉)
strongly resembles Nb12WO33. (cf. Fig. 7).
Compared to Nb14W3O44, the transition metal-
oxygen framework (bottom) for the fully lithi-
ated Li16Nb14W3O44 structure shows signifi-
cantly weaker octahedral distortions. Lithium
ions have been omitted in Li16Nb14W3O44 for
clarity. The removal of the distortions leads to
a contraction of the lattice parameters within
the block plane (perpendicular to c).

principles as for Nb12WO33 (Fig. S8). No-
tably, the vertical window positions next to the
crystallographic shear planes (sites 3 and 5 in
Nb14W3O44, and sites G, H, K in Nb16W5O55,
Fig. S9) are strongly distorted due to the zigzag
patterns of the octahedra (cf. Fig. 1). Lithium
site energies for Nb14W3O44 are in the range
of -2.0 eV to -2.2 eV, while the site energies
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Figure 9: Structure of the transition-metal
oxygen framework in pristine and fully lithi-
ated Nb16W5O55. Lithium ions have been
omitted in the lithiated structure for clar-
ity. The transition metal-oxygen framework in
Li21Nb16W5O55 shows significantly more sym-
metric MO6 octahedra. The removal of the dis-
tortions leads to a contraction of the lattice pa-
rameters within the block plane (perpendicular
to b).

for Nb16W5O55 are slightly lower (-2.2 eV to
-2.4 eV), due to the higher concentration of
tungsten (cf. Table S3). Insertion into fivefold
coordinated sites is energetically favoured.

The enumeration for Lix Nb14W3O44 was per-
formed in the same way as for Lix Nb12WO33.
The special position in the center of the block
was fixed to be unoccupied. Given the remain-
ing 8 lithium sites, 28 = 256 structures were
enumerated. The number of lithiated struc-
tures generated by enumeration for Nb14W3O44

is much smaller compared to Nb12WO33. Struc-
tures with lithium content between those cov-
ered by enumeration were ‘interpolated’ by
using the low-energy enumerated structures
as a starting point. For example, candi-
date structures of Li6Nb14W3O44 were gener-
ated by filling half of the lithium sites oc-
cupied in Li4Nb14W3O44 and Li8Nb14W3O44.
Overall, the sampling of lithiated structures
for Nb14W3O44 is coarser than for Nb12WO33,

due to the higher computational cost of opti-
mising the lithium configurations in a larger
unit cell. A convex hull of the lowest energy
Lix Nb14W3O44 phases is available in the Sup-
porting Information (Fig. S10), and shows
thermodynamically stable phases at every sam-
pled stoichiometry. A full enumeration of
lithium-vacancy configurations in Nb16W5O55

is not possible. The primitive unit cell con-
tains 22 independent lithium sites, resulting in
222 = 4194304 possible lithium-vacancy config-
urations.

The structural evolution of Nb14W3O44 over
the course of lithium insertion (Fig. 8) bears
a strong resemblance to that of Nb12WO33 (cf.
Fig. 7). Lattice parameter c, perpendicular to
the block plane, expands monotonically, with
most of the expansion taking place between
x = 12 and x = 16 (Fig. 8). The parame-
ter a first increases, then shrinks below its ini-
tial value with a minimum at x = 16. An-
other expansion for x > 18 follows. Note that
lattice parameter a (which is equal to b in the
I 4̄ spacegroup of Nb14W3O44) was extracted as
a =

√
V/c (cf. Fig. 1). The same trend in the

evolution of the lattice parameters is also ob-
served when phases up to 100 meV/f.u. above
the convex hull tieline are included in the anal-
ysis (Fig. S11). The distortions of the MO6

octahedra are removed as demonstrated by the
decrease in the 〈∆(θoct)〉measure (Eqn. 9). The
contraction and distortion removal is associated
with occupation of the distorted vertical win-
dow positions, in direct analogy to Nb12WO33.
However, the extent of the structural regions
differs between Nb12WO33 and Nb14W3O44. In
Nb12WO33, the maximum expansion of the a
and c parameters occurs at 0.4 Li/TM, while in
Nb14W3O44 it occurs at 0.71 Li/TM. The con-
traction region is also wider in Nb12WO33; it
spans from 0.38 Li/TM to 1.0 Li/TM, while in
Nb14W3O44, the contraction occurs from 0.71
Li/TM to 1.06 Li/TM. It is difficult to decide
whether this is a physically significant differ-
ence, or simply due to the smaller number of
lithium configurations that were sampled for
Nb14W3O44 as compared to Nb12WO33.

Lithium insertion into Nb14W3O44 initially
proceeds via occupation of sites 1, 4, and 8 (cf.

14



Fig. S8), but overall there is no simple sequence
for the filling of lithium sites. The lowest en-
ergy structures for each stoichiometry are avail-
able as crystallographic information files (CIF)
in the Supporting Information.

In complete analogy to Nb12WO33, the
local and long-range structural changes in
Nb14W3O44 are linked. The removal of the
distortions of the MO6 octahedra along the
shear planes pulls the blocks closer together
(Fig. 8). As a result, the lattice parameter in
the block plane, a, decreases.

While we cannot perform a thorough sam-
pling of lithium-vacancy configurations for
Nb16W5O55, the strong structural similarity
between these three niobium-tungsten oxides
suggests that the same trend of lattice and local
structural evolution will apply to Nb16W5O55.
As a proof-of-principle, we have produced a
structural model for Li21Nb16W5O55 by occu-
pying sites E, I, J, L, N, M, and G (cf. Fig.
S8), which is shown in Fig. 9. Compared to the
pristine structure, the lithiated structure shows
a contraction in the block plane (a = 29.54 Å
vs. a = 29.34 Å, c = 23.10 Å vs. c = 22.95
Å, for Nb16W5O55 and Li21Nb16W5O55 respec-
tively), and an expansion perpendicular to the
block plane (b = 3.81 Å vs. b = 4.06 Å), in
good quantitative agreement with experimen-
tal findings.4 The octahedral distortion mea-
sure 〈∆(θoct)〉 decreases from 10.25 × 10−3 for
Nb16W5O55 to 0.86× 10−3 for Li21Nb16W5O55.
Clearly, lithium insertion causes the same over-
all structural changes in all three niobium-
tungsten oxides Nb12WO33, Nb14W3O44, and
Nb16W5O55.

Electronic Structure of Lithiated
Phases

In this section, we briefly present key elec-
tronic structure features of niobium-tungsten
oxide shear phases. The electronic structure of
the shear structures determines their electronic
conductivity, which is important for high-rate
battery performance. Additionally, the results
presented here serve to explain the mixed-metal
redox process and to justify the level of the-
ory used in this study. We will focus on

Nb14W3O44, but the results are transferable to
Nb12WO33 and Nb16W5O55.

Γ C2 Y2 Γ M2 D

−1

0

1

2

3

4

E
n

er
gy

(e
V

)

0.0 50.0 100.0

DOS in N/(eV× f.u.)

Figure 10: Bandstructure and electronic densi-
ties of states for Nb14W3O44. Oxygen 2p domi-
nated valence band is coloured in orange, while
the Nb 4d/W 5d conduction band is shown in
blue. Both flat and dispersive conduction bands
are present. The long band structure path seg-
ments involve changes in wavevector k along
the direction reciprocal to the lattice param-
eter perpendicular to the block plane (c∗ for
Nb14W3O44). The Fermi level (dashed line) sits
on top of the valence band.

The pristine shear phases are wide bandgap
insulators (Fig. 10, S12). The metal cations
are fully oxidised and formally have a d0 con-
figuration. The valence and conduction bands
(Fig. 10) are of O 2p and Nb 4d/W 5d char-
acter, respectively. Lithium intercalation leads
to n-type doping of the material, introduc-
ing electrons into the previously empty con-
duction band. To understand the electronic
structure of the mixed-metal shear phases, it
is useful to draw comparisons to the niobium
suboxides Nb2O5–δ, which also feature block-
type crystal structures.10 These compounds are
formed by n-type doping of H-Nb2O5, and show
interesting properties: magnetism, which is
rare in niobium oxides, flat bands around the
Fermi energy, and an ability to host both lo-
calised and delocalised electrons.10,27,52,53 We
have previously shown that these features are
fundamentally associated with the block-type
crystal structure27 and therefore also occur in
Nb12WO33, Nb14W3O44, and Nb16W5O55 on n-
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doping. In fact, the bandstructures of the
niobium-tungsten oxides show a strong similar-
ity to those of the suboxides and H-Nb2O5,27

with both flat and dispersive conduction bands
present (Fig. 10, S12).

Insertion of a single lithium into the block
of Nb14W3O44 leads to the formation of a lo-
calised electronic state (Fig. 11). This localised
state is spread over multiple (predominantly
block-central) sites and lies in the plane of the
block. The localised state forms as the Fermi
level is moved into the conduction band by n-
doping, specifically by the occupation of the flat
band (corresponding to the peak in the DOS,
cf. Fig. 10). A small gap is opened up be-
tween the localised state and the remainder of
the conduction bands (cf. Fig. 11a,b; S15).
Remarkably, this localisation is independent of
the inclusion of a U value on the Nb or W d-
orbitals. The localisation is shown even at the
GGA level, even though the gap is very small
(35 meV), and increases with the introduction
of a U value for the metal d-orbitals (270 meV
for U = 4 eV). However, the spin and charge
density distribution is the same. Additionally,
the spin and charge distribution is also indepen-
dent of whether the lithium ion is positioned in
the block center or periphery (cf. Fig. 11c,d).
This indicates that there is no strong coupling
between the lithium ion and electron. A similar
formation of localised electrons is also observed
in Nb12WO33 and Nb16W5O55 (cf. Fig. S13).
It would be interesting to determine experimen-
tally the position of the localised dopant state
relative to the bottom of the conduction band.
Given that the charge associated with the lo-
calised electronic state resides predominantly
on block-central sites (M1 in Nb14W3O44, cf.
Fig. 2), the block interiors are reduced first
upon lithium insertion into niobium-tungsten
shear oxides. Since the metal positions in the
block center are mostly occupied by tungsten
in Nb14W3O44 and Nb16W5O55, tungsten reduc-
tion is slightly favoured initially. In fact, this
preference has been observed in Nb16W5O55 by
X-ray absorption spectroscopy.4

Further n-doping/lithium insertion up to
Li3Nb14W3O44 fully fills the flat band, but also
partially fills the remaining dispersive conduc-

Figure 11: Li1Nb14W3O44 density of states
of an antiferromagnetic spin arrangement be-
tween blocks computed with (a) PBEsol and
(b) PBEsol+U (U = 4 eV). A localised state
(marked by the arrow) is present in both. Spin

density plots (isosurface value 0.012 e−/Å
3
) for

structures with lithium positioned (c) in the
center of the block (site 9, cf. Fig. S8), and
(d) at the edge of the block (site 1). The spin
density distribution is due to the localised state
shown in (a) and (b), and is independent of the
lithium position.

tion bands, resulting in metallicity (Fig. 12).
In contrast to the flat band, the dispersive
conduction bands are predominantly hosted on
block edge sites27 (M2-M4 in Nb14W3O44, cf.
Fig. 12). Reduction of the block edge sites
takes place by filling these dispersive conduc-
tion bands. For even larger lithium concentra-
tions, the structures are strongly metallic (cf.
Fig. S16 for Li16Nb14W3O44). At the GGA
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level, we observe no spin polarisation for ei-
ther Li3Nb14W3O44 or Li16Nb14W3O44. We do
not observe the opening of a band gap by the
introduction of U value (U = 4 eV) for ei-
ther stoichiometry, and the compounds remain
strongly metallic (Fig. S16). The same is true
for fully lithiated Nb12WO33 and Nb16W5O55

(Fig. S14). Besides the slight initial prefer-
ence for tungsten reduction, niobium and tung-
sten show similar redox activity in Nb16W5O55

(Nb5+/Nb4+ and W6+/W5+, with multielectron
reduction possible beyond 1.0 Li/TM).4

Overall, we conclude that while lithiated
shear phases can show electron localisation, it
is of a different type than for typical transition
metal oxides. The block-structure with its or-
thogonal crystallographic shear planes seems to
have a confinement effect such that the elec-
tron localises within the block plane, but is
not confined to a single d-orbital on a single
transition metal site. These electronic struc-
ture features are exactly the same as those ob-
served in Nb2O5–δ.

27 Compared to the strong
localisation of small polarons in systems like
Lix TiO2

54,55 and Lix FePO4,56 the localisation
in shear oxides is weaker, and easily overcome
by further doping; the materials quickly become
metallic on lithium insertion. The strong d-
orbital overlap along the shear planes gives rise
to large bandwidths, and in fact, the delocalised
states are hosted on transition metal sites at
the block periphery.27 The preferred electron
transport direction is expected to be perpen-
dicular to the block plane, based both on ex-
perimental results on similar compounds and
the calculated band dispersions.27,57 The good
electronic conductivity suggested by these cal-
culations is beneficial for high-rate battery per-
formance. In addition to a good conductivity
upon lithium insertion, there will be a change
in the colour of the materials from white-ish to
blue/black.10,23 Given the facile lithiation and
high-rate performance, this naturally opens up
the possibility of electrochromic applications of
niobium-tungsten oxides.
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Figure 12: Bandstructure and density of states
of Li3Nb14W3O44. Relative to Nb14W3O44

(Fig. 10), the n-doping by lithium insertion has
moved the Fermi level (dashed line) into the
conduction band.

Discussion

Common Mechanistic Principles

The three niobium-tungsten oxides Nb12WO33,
Nb14W3O44, and Nb16W5O55 are strikingly sim-
ilar in their cation ordering preferences, lithium
insertion mechanisms, and electronic structure.
This is expected given their close chemical and
structural relationship. Regarding the lithium
insertion mechanism, a set of common mecha-
nistic principles emerge from our DFT results:

• Lithium is initially inserted into fivefold
coordinated sites and undistorted fourfold
coordinated sites

• Between 0–1.5 Li/TM, the lattice evolves
through three regions; the lattice parame-
ter perpendicular to the plane of the block
expands monotonically, while in the block
plane, the lattice parameters expand, con-
tract, and then expand again

• Distortions of the MO6 octahedra are re-
moved over the course of lithium inser-
tion; this symmetrisation makes previ-
ously highly distorted sites available for
lithium occupation

• A DFT-predicted voltage profile of
Nb12WO33 suggests that the lattice
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changes are associated with different re-
gions of the voltage profile; during the
block-plane contraction the voltage is al-
most constant

• Local and long-range structural evolution
are closely linked; removal of octahedral
distortions along the shear planes allows
neighbouring blocks to slide closer to-
gether, causing the lattice contraction

Experimentally, the three-region voltage pro-
file and phase evolution is the most well-
established feature of the lithiation mecha-
nism.4,5,13,16,19–22 The three-stage anisotropic
host-lattice response has been observed in
Nb16W5O55 by Griffith et al.4 using operando
synchrotron XRD, and correlates with the re-
gions of the electrochemical profile. Lattice
parameters of Lix Nb12WO33 phases have been
reported by Cava et al.13 and Yan et al.20

Both authors observed an anisotropic lattice
change after full lithiation (Li10.7Nb12WO33 and
Li13Nb12WO33, respectively), with an a-c plane
contraction and expansion along b. However,
the lattice changes between the two studies are
not consistent, with Cava et al. reporting an
expansion of +8.2 % along b, while Yan et al.
report +3.5 %. The study of Yan et al. was
performed on nanosized material, making it not
directly comparable to previous reports or DFT
results.

Lattice parameters of Lix Nb14W3O44 phases
have been reported by Cava et al.,13 Fuentes et
al.,21 and Yan et al.22 While the results of Cava
et al. again agree with our DFT prediction,
and suggest an anisotropic evolution of the lat-
tice parameters, the results obtained by Fuentes
et al. (chemically lithiated material) and Yan
et al. (nanosized material) are at variance
with the DFT prediction and differ strongly
from the structural evolution of the related
oxides Nb12WO33 and Nb16W5O55. We sug-
gest that the structural evolution of Nb12WO33

and Nb14W3O44 is closer to that of Nb16W5O55

and should be re-examined. There is strong
reason to believe that the similar three-region
voltage profiles of Nb12WO33, Nb14W3O44 and
Nb16W5O55 are associated with a similar lattice
evolution.

Regarding the local structure evolution, only
results on Nb16W5O55 are available, which
clearly show that the MO6 octahedra become
progressively more symmetric as lithium is in-
serted.4 The local structure evolution was ob-
served through X-ray absorption spectrocopy
(XAS) measurements at the Nb K-edge and
W LI-edge, which show a decrease of pre-edge
intensity over the course of lithium insertion.
Pristine block-type crystal structures always
feature strongly distorted metal-oxygen octa-
hedra. The pre-edge arises from the dipole-
forbidden s → d transition, which is absent
for a metal in perfectly octahedral coordination.
Removal of octahedral distortions therefore re-
sults in a decrease of intensity in this transi-
tion. Based on the DFT results, this is expected
to be a universal feature of the lithium inser-
tion mechanism of shear structures. XAS ex-
periments on shear phase TiNb2O7 also observe
such a symmetrisation in the transition metal–
oxygen octahedra,16 suggesting that our results
are transferable to the Ti/Nb shear oxides. The
reduction of d0 cations prone to second-order
Jahn-Teller (SOJT) distortions usually leads to
a removal of the distortion (e.g. Lix WO3 and
Nax WO3 phases58,59). In shear oxides, the re-
duction can alleviate both the SOJT distortions
as well as the electrostatic repulsion between
cations along the shear planes, inducing sym-
metrisation.

I II III

IV V VI
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Figure 13: Cavity types found in Wadsley–Roth
phases according to Cava et al.13 The tetrahe-
dral site is denoted by a black dot.

Most previous attempts to explain the lithium
insertion mechanism of block-type phases have
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referred to the types of cavities that are found in
shear structures, which were first identified by
Cava et al.13 For example, the insertion mech-
anism for Nb12WO33 has been proposed to pro-
ceed via insertion into type II, type III, and
then type IV cavities19,20 (Figure 13). Simi-
lar mechanisms have been proposed for other
block-type structures.21,25 Our DFT calcula-
tions do not support this kind of mechanism;
each cavity contains multiple lithium sites of
different types (window, pocket). Instead of re-
sorting to cavity types, it is more accurate to
describe the lithium insertion mechanism by the
type of site that is being filled, and what struc-
tural changes this lithium occupation causes.
The cavity types are very useful, however, for
the structural understanding of pristine shear
oxide phases.

Implications for Battery Perfor-
mance

We have shown that cation disorder has a signif-
icant effect on the local structure in niobium-
tungsten oxide shear phases. Compared to a
hypothetical ordered structure, a lithium ion
within a disordered niobium tungsten oxide
shear structure experiences different local en-
vironments from one unit cell to the next. The
same type of lithium site (cf. Fig. S8) will
be framed by different patterns of niobium and
tungsten ions, with different octahedral distor-
tions, and different local electronic structures.
This randomness in the potential energy land-
scape of the lithium ions in a disordered struc-
ture suppresses lithium ordering and makes a
larger number of sites available for occupation.
While an examination of the strength of cou-
pling between the configurations of cations and
lithium ions is beyond the scope of this study,
it is expected to have a beneficial effect on per-
formance.

Given that cation disorder can be a favourable
attribute to enhance electrochemical perfor-
mance,4,60 it is important to be able to con-
trol the degree of disorder. Our results sug-
gest that tungsten energetically strongly prefers
the tetrahedral site. Due to the site multiplic-
ity and composition, Nb12WO33 can fully or-

der with tungsten on the tetrahedral site and
niobium on the block sites. However, it could
be advantageous to quench from high temper-
atures during synthesis to lock in some degree
of disorder. Nb14W3O44 and Nb16W5O55 have
far more tungsten atoms than tetrahedral sites,
but octahedral tungsten prefers the centre of
the blocks. It would be interesting to exam-
ine the electrochemical behaviour as a func-
tion of cation disorder, controlled by the cool-
ing rate during the synthesis of the material.
Another way to increase the degree of disorder
would be to introduce a third cation into the
material. Within the group of d0 cations tita-
nium would be the obvious choice, since it is
present in Ti/Nb crystallographic shear struc-
tures (such as TiNb2O7). Molybdenum and zir-
conium would be other interesting choices.

The correlation between local and long-range
structure evolution in the crystallographic
shear phases directly affects the battery perfor-
mance. As lithium intercalates, the total vol-
ume expansion is mitigated by the contraction
within the block plane. The presence and sub-
sequent relaxation of the octahedral distortions
provides a mechanism to realise smaller vol-
ume changes in this structural family. Volume
changes have an impact on long-term cycling
stability; large expansion and contraction are
associated with microstructural fracture, loss
of particle contact within the electrode, and
SEI degradation/reformation as fresh surfaces
are exposed. The tempered volume changes
in shear oxides thus likely contribute to their
observed stability over 1000 cycles,4 even with
micrometer-dimension particles that are gener-
ally more susceptible to cracking than nanopar-
ticles.

Many of the performance-critical properties
of the niobium-tungsten oxides are intimately
related to the crystal structure; the simulta-
neous presence of crystallographic shear planes
and the ReO3-like block interiors is key to
the electrochemical performance. As previ-
ously described by other authors,4,13 the shear
planes frustrate octahedral unit modes that
clamp up diffusion pathways. In addition,
the shear planes serve at least two other pur-
poses: removal of local structural distortions
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along the shear planes buffers volume expan-
sion, and the smaller metal-metal distances
of edge-shared octahedra provide good orbital
overlap and therefore enhanced electronic con-
ductivity. The ReO3-like block interiors, on the
other hand, feature open tunnels allowing rapid
lithium-ion diffusion. It seems that only when
the crystal structure reaches a certain level of
complexity can all of these elements be present
simultaneously. The structural motifs provid-
ing each different function require structural
complexity and a large unit cell size.

Conclusion

In this work, we have used an enumeration-
based approach in combination with density-
functional theory calculations to reveal com-
mon principles governing the cation disor-
der, lithium insertion mechanism, and elec-
tronic structure of the niobium-tungsten ox-
ides Nb12WO33, Nb14W3O44, and Nb16W5O55.
The cross-compound transferability of our re-
sults is due to the crystallographic shear struc-
ture common to all three materials. Our re-
sults shed light on the experimentally observed
three-stage lithium insertion mechanism, and
reveal an important connection between the
long-range and local structural changes: the
removal of octahedral distortions provides a
mechanism to contract the lattice in the block
plane during the second stage of lithium inser-
tion, thereby buffering the overall volume ex-
pansion. Regarding the cation disorder, we find
that there is a strong preference for tungsten oc-
cupation on the tetrahedral and block-central
sites of the structures. The cation disorder also
has a strong influence on the local structure of
the materials; different Nb/W cation arrange-
ments produce different local octahedral distor-
tions. Electronic structure calculations of n-
doped/lithiated structures suggest only weak
localisation of electrons upon initial lithium
insertion, and the materials quickly become
metallic on further lithium intercalation. Over-
all, our calculations suggest that the changes
in local, long-range, and electronic structure on
lithiation are beneficial to the battery electrode

performance of the niobium-tungsten shear ox-
ides.

Our approach of studying multiple members
of one structural family has allowed us to
draw compound-independent conclusions, and
to use smaller model structures to represent
more complex ones. The principles we have es-
tablished for the niobium-tungsten shear oxides
likely apply in a similar fashion to Ti/Nb oxide
shear structures as well. Future computational
work will focus on the extension of the mech-
anistic principles described here to the Ti/Nb
oxide shear structures, and on modelling the
diffusion process within niobium-tungsten ox-
ide shear structures.
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(27) Koçer, C. P.; Griffith, K. J.; Grey, C. P.; Morris, A. J.
First-Principles Study of Localized and Delocalized Elec-
tronic States in Crystallographic Shear Phases of Niobium
Oxide. Physical Review B 2019, 99, 075151.

(28) Grau-Crespo, R.; Hamad, S.; Catlow, C. R. A.;
de Leeuw, N. H. Symmetry-Adapted Configurational Mod-
elling of Fractional Site Occupancy in Solids. Journal of
Physics: Condensed Matter 2007, 19, 256201.

(29) Clark, S. J.; Segall, M. D.; Pickard, C. J.; Hasnip, P. J.;
Probert, M. I. J.; Refson, K.; Payne, M. C. First Principles
Methods Using CASTEP. Zeitschrift für Kristallographie -
Crystalline Materials 2005, 220, 567–570.

(30) Perdew, J. P.; Ruzsinszky, A.; Csonka, G. I.; Vydrov, O. A.;
Scuseria, G. E.; Constantin, L. A.; Zhou, X.; Burke, K.
Restoring the Density-Gradient Expansion for Exchange in
Solids and Surfaces. Physical Review Letters 2008, 100,
136406.

21



(31) Vanderbilt, D. Soft Self-Consistent Pseudopotentials in
a Generalized Eigenvalue Formalism. Physical Review B
1990, 41, 7892–7895.

(32) Monkhorst, H. J.; Pack, J. D. Special Points for Brillouin-
Zone Integrations. Physical Review B 1976, 13, 5188–5192.

(33) Dudarev, S. L.; Botton, G. A.; Savrasov, S. Y.;
Humphreys, C. J.; Sutton, A. P. Electron-Energy-Loss
Spectra and the Structural Stability of Nickel Oxide: An
LSDA+U Study. Physical Review B 1998, 57, 1505–1509.

(34) Aydinol, M. K.; Kohan, A. F.; Ceder, G.; Cho, K.;
Joannopoulos, J. Ab Initio Study of Lithium Intercalation in
Metal Oxides and Metal Dichalcogenides. Physical Review
B 1997, 56, 1354–1365.

(35) Hinuma, Y.; Pizzi, G.; Kumagai, Y.; Oba, F.; Tanaka, I.
Band Structure Diagram Paths Based on Crystallography.
Computational Materials Science 2017, 128, 140–184.

(36) Togo, A.; Tanaka, I. Spglib: A Software Library for Crystal
Symmetry Search. arXiv:1808.01590 [cond-mat] 2018,

(37) Morris, A. J.; Nicholls, R. J.; Pickard, C. J.; Yates, J. R.
OptaDOS: A Tool for Obtaining Density of States, Core-
Level and Optical Spectra from Electronic Structure Codes.
Computer Physics Communications 2014, 185, 1477–1485.

(38) Pickard, C. J.; Payne, M. C. Extrapolative Approaches to
Brillouin-Zone Integration. Physical Review B 1999, 59,
4685–4693.

(39) Pickard, C. J.; Payne, M. C. Second-Order k · p Pertur-
bation Theory with Vanderbilt Pseudopotentials and Plane
Waves. Physical Review B 2000, 62, 4383–4388.

(40) Rutter, M. J. C2x: A Tool for Visualisation and In-
put Preparation for Castep and Other Electronic Struc-
ture Codes. Computer Physics Communications 2018, 225,
174–179.

(41) Momma, K.; Izumi, F. VESTA 3 for Three-Dimensional Vi-
sualization of Crystal, Volumetric and Morphology Data.
Journal of Applied Crystallography 2011, 44, 1272–1276.

(42) Evans, M. Ml-Evs / Matador. https://bitbucket.org/ml-
evs/matador.

(43) Cheetham, A. K.; Allen, N. C. Cation Distribution in the
Complex Oxide, W3Nb14O44; a Time-of-Flight Neutron
Diffraction Study. Journal of the Chemical Society, Chem-
ical Communications 1983, 0, 1370–1372.

(44) Roth, R. S.; Wadsley, A. D. Multiple Phase Formation in the
Binary System Nb2O5-WO3. II. The Structure of the Mon-
oclinic Phases WNb12O33 and W5Nb16O55. Acta Crystal-
lographica 1965, 19, 32–38.

(45) Sears, V. F. Neutron Scattering Lengths and Cross Sections.
Neutron News 1992, 3, 26–37.

(46) Robinson, K.; Gibbs, G. V.; Ribbe, P. H. Quadratic Elonga-
tion: A Quantitative Measure of Distortion in Coordination
Polyhedra. Science 1971, 172, 567–570.

(47) Ok, K. M.; Halasyamani, P. S.; Casanova, D.; Llunell, M.;
Alemany, P.; Alvarez, S. Distortions in Octahedrally Coor-
dinated D0 Transition Metal Oxides: A Continuous Sym-
metry Measures Approach. Chemistry of Materials 2006,
18, 3176–3183.

(48) Catti, M.; Ghaani, M. R. On the Lithiation Reaction of
Niobium Oxide: Structural and Electronic Properties of
Li1.714Nb2O5. Physical Chemistry Chemical Physics 2013,
16, 1385–1392.

(49) Catti, M.; Pinus, I.; Knight, K. Lithium Insertion Proper-
ties of LixTiNb2O7 Investigated by Neutron Diffraction and
First-Principles Modelling. Journal of Solid State Chem-
istry 2015, 229, 19–25.

(50) Urban, A.; Seo, D.-H.; Ceder, G. Computational Under-
standing of Li-Ion Batteries. npj Computational Materials
2016, 2, npjcompumats20162.

(51) Dalton, A. S.; Belak, A. A.; Van der Ven, A. Thermodynam-
ics of Lithium in TiO2(B) from First Principles. Chemistry
of Materials 2012, 24, 1568–1574.
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